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SOA Intensity Noise Suppression in Spectrum
Sliced Systems: A Multicanonical Monte Carlo

Simulator of Extremely Low BER
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Abstract—We present a thorough numerical study of intensity
noise mitigation of spectrum sliced wavelength-division multi-
plexing (SS-WDM) systems employing a nonlinear semiconductor
optical amplifier (SOA) before the modulator. Our simulator of
the SS-WDM link, embedded inside a Multicanonical Monte Carlo
(MMC) platform, estimates the tails of the probability density
functions of the received signals down to probabilities smaller
than ��

��. We introduce a new, simple, and efficient technique
to handle intersymbol interference (ISI) in MMC simulations.
We address the impact of optical postfiltering on SOA noise sup-
pression performance. While previous research experimentally
observed the SOA-induced noise cleaning in SS-WDM systems,
this is the first complete simulator able to correctly predict the
ensuing BER improvement. We measure the BER at different
bit-rates and validate predicted BERs with and without post
filtering.

Index Terms—ISI, modeling, multicanoncial Monte Carlo, noise
suppression, SS-WDM, SOA.

I. INTRODUCTION

I NTENSITY noise suppression of spectrum-sliced wave-
length-division multiplexing (SS-WDM) systems by

semiconductor optical amplifiers (SOAs) operating in deep
saturation has been the subject of several studies in recent years
[1]–[12]. Compared to other noise suppression techniques
[13]–[15], SOA-based noise suppression is interesting due to
its efficiency and ease of implementation, as well as its potential
for a solution in integrated optics. It has also been utilized in 2R
regenerators for long-haul transmission systems [16], [17], and
to reduce the mode partition noise of semiconductor lasers [18].

While SOA-based intensity noise mitigation has been studied
extensively both experimentally and theoretically, no general-
purpose design tool exists to optimize the bit error rate (BER)
performance for a desired SOA-based system. For example, for
a given SOA technology and modulation format what postfil-
tering bandwidth yields the lowest BER? Does this change with
a more complex modulation format? What SOA design param-
eters have the greatest impact on the noise mitigation perfor-
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mance? The major contribution of this paper is to provide a tool
to answer such questions.

The exact form of the photon statistics at the output of a
nonlinear amplifier is extremely complicated to derive [19]. In
the case of saturated SOAs two approximate approaches exist:
1) characterizing the noise spectra at the SOA output whether
the source is coherent [20] or incoherent [4], and 2) analytical
approximations of the probability density function (PDF) of the
output intensity when the source is coherent [21]. In the first
approach the noise spectrum at the SOA output is calculated for
continuous-wave (CW) input light. This method is useful in that
it determines the suppression bandwidth, and provides an esti-
mate of the relative intensity noise (RIN) reduction. However,
it does not provide the indispensable knowledge of the PDF of
the output intensity for a complete statistical analysis.

In [21], a PDF is obtained when the source is coherent using
perturbation theory; the ASE field added to the coherent signal
is treated as a perturbation. Analytical expressions for the PDF
are derived using path-integral methods. However, the perturba-
tion approach to find the PDF cannot be extended to incoherent
sources whose optical field is a zero mean process. In summary,
to date we can find the RIN spectrum of the photodetected sig-
nals when the source is CW, either coherent or incoherent; or we
can find the PDF of the SOA output light intensity (and, hence,
find the BER) when the SOA input is coherent CW. In either
case the analysis is limited to continuous-wave only. The im-
pact of modulation, for example through the induced patterning
effects in the amplifier [22], is not captured. Our simulator fills
these gaps.

Our interest in noise statistics is applied in particular to
noise suppression properties of a SOA on incoherent light
in SS-WDM systems. In those systems, as demonstrated by
McCoy, et al. [10], [11], optically filtering the received signal
by a channel selecting filter (CSF) at the receiver side results
in significant neutralization of the intensity noise suppression.
Although the phase-to-intensity conversion due to optical
filtering signals with noisy phase is treated in [23] for coherent
sources, no quantitative analysis of the postfiltering in the case
of SS-WDM exists in the literature. Our simulator includes not
just the SOA, but the complete SS-WDM system in order to
capture this important phenomenon.

Given the insurmountable hurdles discussed for an analyt-
ical attack, numerical techniques are favored to study the statis-
tical properties of nonlinearly amplified spectrum slices. Since a
SOA is a nonlinear element with memory, standard semi-analyt-
ical methods for additive Gaussian noise [24] are not applicable;
we must resort to Monte Carlo (MC) simulations. Numerical
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Fig. 1. SS-WDM link equipped with a premodulator noise suppressing SOA. MZM: Mach–Zehnder modulator, � : sampled received voltage.

PDF estimation of links including nonlinear amplifiers, how-
ever, requires prohibitive computation time. It is well-known
that in estimating the probability of an event by MC simula-
tion, if is the (unknown) desired probability and is its esti-
mate, and if samples are generated in an MC simulation, we
have , where stands for expec-
tation, i.e., the relative estimation error is given by .
If the target event is the bit error rate, generating
samples results in 33% relative error in estimating a

[25]. As an example, at 2.5 Gb/s, and using a fourth-order
Runge–Kutta method to solve the Agrawal SOA equations [26]
(the lowest-complexity dynamic SOA model) MC simulations
might require days to estimate a BER . Even worse, the
more accurate space-resolved SOA model used in this paper,
to achieve an accurate match to experimental results, requires a
simulation time two orders of magnitude larger than that of the
simple Agrawal SOA model.

To overcome this huge computational burden, we use the
Multicanonical Monte Carlo (MMC) simulation method [27].
The application of MMC in optical communication has been
discussed by several authors [28]–[34]. In particular, MMC was
used to study the statistical properties of a coherent laser pulse
amplified by a saturated SOA [35], [36]. Our contribution to the
extension of these MMC methods is twofold: an extension to
incoherent light and modeling of intersymbol interference.

We present a statistical characterization of SOA-based noise
suppression and BER estimation in SS-WDM systems using an
incoherent source, which is, to the authors’ knowledge, new in
the literature. We model incoherent light, in the time domain,
as a signal whose complex envelope is a zero-mean Gaussian
process [37]. This process is filtered optically in our numerical
simulations; the level of coherence of the output light depends
on the spectral characteristics of the filter.

We present a general MMC platform. We introduce a new,
simple and efficient technique to handle the intersymbol inter-
ference (ISI) in MMC simulations. We believe our simulator
can be used to study the performance of a large variety of op-
tical links employing nonlinear amplifiers, especially various
SOA-based regenerators. The organization of the paper is as fol-
lows. In Section II, we discuss the theory of SOA-based noise
suppression. In Section III, we describe the simulator. In Sec-
tion IV, we give the numerical and experimental results, and in
Section V, we conclude. We give details of the MMC algorithm
in the Appendix.

II. SOA NOISE SUPPRESSION MECHANISM

Fig. 1 shows an SS-WDM link equipped with a premodu-
lator noise-suppressing SOA. The optical field after the slicing
filter is a band-limited, complex Gaussian random process. The

source intensity at each instant has a negative exponential distri-
bution, resulting in 0 dB of source relative intensity noise. Such
a large intensity noise introduces a BER floor that severely limits
the performance of SS-WDM. A SOA operating in saturation
placed before the modulator offers considerable intensity noise
mitigation due to self gain modulation [11], [14], [20].

The propagation equation of the optical field inside a trav-
eling-wave SOA in the moving frame is [20]

(1)

where is the optical field, is position along the longitu-
dinal axis of the SOA waveguide, is time in the moving frame,

is the SOA material gain, is the SOA loss coef-
ficient, is the linewidth enhancement factor, and is a
random process modeling the spontaneous emission inside the
SOA waveguide. The material gain is given by

(2)

where is the carrier density, is the confinement factor,
is the differential gain, and is the transparency carrier

density. The loss coefficient is

(3)

where and are the carrier independent loss coefficients
[38]. Using (2) in (3), we get

(4)

where and .
The spontaneous emission is modeled by the well-known

Langevin force terms [35], and can be written as

(5)

where is the central optical frequency, and , and
are independent zero-mean white Gaussian noise

random processes. The dynamic gain equation is [20]

(6)

where is the SOA carrier lifetime, and is the SOA satu-
ration power. The parameters of the SOA we used in this work
are listed in Table I.

According to (6), at each and , the SOA gain inversely fol-
lows fluctuations of the optical intensity; if the light intensity
increases, the gain decreases, and the increased intensity expe-
riences decreased gain in subsequent instants. Similarly, a de-
crease in the light intensity allows the gain to recover; thus, a
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Fig. 2. MMC platform. RVG: random vector generator, SUT: system under test.

TABLE I
SOA PARAMETERS USED IN SIMULATIONS

decreased intensity experiences a greater gain. This self gain
modulation mechanism reduces the relative intensity noise of
the SOA output compared to its value at the input. However, the

dependence in (6) indicates the SOA gain cannot respond
to light fluctuations faster than the carrier recombination rate

. The RIN spectrum of amplified CW light has a high-pass
response (i.e., a DC dip) as fluctuations slower than the SOA
active region response time are suppressed, while those above
the suppression bandwidth remain.

The preceding discussion qualitatively explains the physical
origin of SOA-based noise suppression. The detailed quantita-
tive treatment is given in [4] and [20], where expressions for
noise spectra are calculated for the CW coherent and incoherent
sources respectively. In the following sections we use (1)–(6),
and parameters given in Table I, to form a space-resolved model
for the SOA. The SOA model is a part of a larger one for the
the SS-WDM link of Fig. 1, which will be simulated inside an
MMC platform to estimate the PDF of the sampled output signal

(see Fig. 1).

III. SYSTEM SIMULATOR

In this section, we give a top-down description of the sim-
ulator. In the next subsection we discuss the MMC platform,
while a description of the MMC algorithm is given in the Ap-
pendix. In Section III-B, we discuss the model of the optical
link, and in Section III-C, we discuss the SOA model.

A. MMC Platform

MMC simulation method [27] is an adaptive importance sam-
pling that requires minimal a priori knowledge of the system
under test (SUT). It consists of a predetermined number of cy-
cles, the first of which is a short MC simulation of the SUT.
Learning from the histogram of the output samples of the SUT
at the end of each cycle, MMC forces the SUT to produce, in
a controlled way, rare outputs more frequently than their true

probability of occurrence. The goal is that at each cycle a new
segment of the PDF tail of the SUT output is estimated. In this
subsection we give a behavioral description of our MMC plat-
form. The algorithmic details are given in the Appendix.

Fig. 2 illustrates the block-diagram of the MMC platform.
The MMC simulation consists of MMC cycles. At each
cycle random vectors are serially generated by the random
vector generator (RVG) unit. A random input vector is denoted
by . The action of the SUT on the input vector is abstractly
shown by a mapping from the -dimensional input space of
random vectors to the one-dimensional output space of the test
statistic . In this paper, SUT is the SS-WDM link equipped
with the SOA, whose corresponding is described in the
next subsection. The test statistic is the sampled voltage at the
receiver. The input vector has the following form:

(7)

is a vector of independent, identically distributed, continuous
random variables called the noise vector. is a nonnegative
integer between 0 and , where is the SUT memory in
terms of number of bit intervals. The binary representation of
is the bit pattern loaded in the SUT.

The noise vector is written as

(8)

The noise vector consists of two subvectors, , and, , and
one scalar . Subvector contains random variables used to
synthesize the input spectrum sliced random process. Subvector

is passed to the SOA model inside the SUT to simulate the
spontaneous emission events in the SOA. It contains samples
of the real and imaginary parts of [see (1) and (5) and
Section III-C] at all sampled space-time points. The scalar
represents the receiver thermal noise voltage.

At the first MMC cycle, the elements of are independent
Gaussian random variables with zero mean and unit variance.1

is distributed uniformly among integers between 0 and
. At each cycle, after all samples are generated and passed to

the SUT, the histogram of outputs is formed. The histogram cal-
culated in cycle is denoted by . The PDF estimate of is
updated and denoted by . At each cycle, the PDF warper unit
uses the latest PDF update, calculated at the end of the previous

1More precisely, element � is not actually zero mean, but rather its mean is
selected to match measurements.
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Fig. 3. Model of the SS-WDM link of Fig. 1 as a SUT inside the MMC platform of Fig. 2; BPG, bit pattern generator, MOD, modulator, SF, slicing filter, CSF,
channel selecting filter, PD, photodetector, EF, electrical filter; 4th BT stands for fourth-order (lowpass) Bessel Thompson. Gain blocks are explained in the text.

cycle, to warp the PDF of the random input vectors such that
the corresponding output values are a driven toward rare events.
The first MMC cycle is an MC simulation of the SUT. In sub-
sequent cycles, the joint PDF of the spectrum sliced light, SOA
amplified spontaneous emission (ASE), the receiver noise, and
the bit pattern, represented respectively through , and ,
is warped and the PDF of is estimated down to very low prob-
abilities. At the last cycle, the latest PDF update, ,
is output and the simulator stops.

To estimate the BER, conditional PDFs of marks,
, and spaces, , are separately

estimated, and the area under the crossing tails is computed to
yield the BER. The details of all the subsystems of the MMC
platform of Fig. 2 are explained in the Appendix. The SUT is
discussed in the next subsection.

B. System Model

The block-diagram of the SUT is shown in Fig. 3. This block
diagram corresponds to the SS-WDM link of Fig. 1. At the input,
the random vector is decomposed into its subcomponents:

, and . The gain parameter is used to set the average
input power to the SOA, since all filters in the simulator are
normalized such that the vector of the impulse response has unit
norm. , and are used to adjust the noise and received
signal power, respectively.

We model the thermal light source as having a lowpass equiv-
alent optical field that is a complex Gaussian random process
[11]. Experimentally, the BBS used had a 33.580 nm 3 dB band-
width, as directly measured by the optical spectrum analyzer.
In our SS-WDM experiment we filtered this BBS source using
a 0.24 nm optical slicing filter (SF). Experimentally the BBS
spectrum is flat over the narrow band of the slicing filter; thus,
we model the output optical field of the BBS in the time do-
main by a white complex Gaussian noise, and filter it by our
simulator’s digital version of the SF. The output light will be
partially coherent, with temporal coherence determined by the
SF.

To synthesize the slicing filter, we measured the optical spec-
trum from the setup in Fig. 1, and then used the Remez exchange
method, implemented in MATLAB, to extract the tap weights
of an equivalent FIR filter, , whose frequency response

Fig. 4. Measured and simulated spectrum slices at the SOA input and output.

matches the measured optical spectrum after the slicing filter
(see Fig. 1). The spectrum-sliced optical field is then obtained
by filtering a complex white Gaussian noise by . Fig. 4
shows the measured and simulated optical spectra at the SOA
input and output.

Fig. 4 shows measured and simulated PSDs of optical fields
both at the input and output of the SOA. The excellent cor-
respondence of the measurement and simulation of the output
light over the band of interest confirms that we have well mod-
eled the coherency introduced by filtering, and validates our use
of ideal, incoherent light as an input to the MMC simulator.

The SOA model is discussed in the next subsection. As il-
lustrated in Fig. 4, we have chosen such that the measured
and simulated spectrum slices match over a 30 dB range, which
is sufficiently accurate for the simulations of this paper. The
FIR filter had 10 taps. Matching over wider bandwidths can be
achieved, if needed, at the expense of increasing the number of
taps. The binary pattern generator (BPG) subsystem accepts the
integer , and outputs a vector , which is the binary repre-
sentation of . The modulator (MOD) subsystem shapes and
upsamples bits , and adjusts the extinction ratio of the modu-
lating waveform, for instance to match the experimental values,
and finally multiplies the modulating waveform by the output
vector of the SOA model.
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Fig. 5. Input-output definition of the SOA spatially resolved model.

The optical channel selecting filter (CSF) is modeled simi-
larly to the SF, and the impulse response of its digital equivalent
is . The equivalent FIR filters synthesized by the Remez
method have flat group delay. We verified that SF and CSF
filters used experimentally also have flat group delay over
their passbands. The photodetector (PD) is an ideal square-law
element, and the electrical filter (EF) is obtained as the bi-
linear implementation of an analog fourth-order low-pass
Bessel–Thompson filter [39].

C. SOA Model

Our SOA model is based on the method suggested in [35],
where authors treat the propagation equation for the optical
power as a stochastic differential equation in , and apply
second-order Runge–Kutta to solve it. We adapted the propaga-
tion solver of [35] to the optical field, added carrier dependent
and independent loss coefficients (essential for satisfactory fit
to experiments), and complemented it with an efficient solver
of the dynamic gain equation. Here we discuss how the SOA
model fits, as a subsystem, into the simulator.

The behavioral block diagram of the SOA model, as a
subsystem in Fig. 3, is depicted in Fig. 5. We denote by
the memory of the link in terms of number of bits. Optical
and electrical filters and dispersive elements contribute to
system memory. A premodulator SOA does not contribute to
the memory while a postmodulator SOA with a carrier lifetime
comparable to the modulation bandwidth enhances the memory
through the patterning effect.

We suppose each bit is upsampled times. To calculate the
SUT output at each instant, the past time samples (called
the memory window) of the input waveform are needed. Since
all waveforms are in the complex lowpass equivalent form, the
length of is . In the spatially-resolved SOA model
that is used, the SOA cavity is divided into sections.
The spontaneous emission generated in each section over the
memory window contributes to the SOA output. Subvector
contains samples of spontaneous emission events affecting the
SUT output and it has elements; the factor 2 exists
because in (5) is a complex quantity. Given that is a
single element, the dimension of the input random vector is

(9)

IV. RESULTS

In this section, we report our numerical and experimental re-
sults on statistical properties of the SS-WDM received signals
in the presence of a nonlinear SOA and the CSF. Fig. 6 shows
the experimental and simulated PDFs of the received voltage
of the SS-WDM when a premodulator SOA was employed and
the SOA input was a CW signal. The slicing filter (SF) was
0.24 nm wide, and CSF was identical to SF. The electrical filter
bandwidth was 1.87 GHz. The DC-coupled receiver was an Ag-
ilent sampling scope. The power to voltage conversion ratio was
0.75 V/W.

Fig. 6(a) is the PDF of the SOA output without electrical fil-
tering. This PDF in fact corresponds to the light intensity at the
SOA output; since the slice bandwidth was 30 GHz, and the
photodetector bandwidth was 50 GHz, the distortion induced by
the finite bandwidth PD was not significant. The receiver noise
standard deviation, when the optical input was turned off, was
8.8 V as read from the scope. Fig. 6(b) corresponds to when
a CSF is placed after SOA, but no electrical filtering is applied.
In Fig. 6(c) the internal electrical filter of the sampling scope
(bandwidth 1.87 GHz) is applied, but the CSF is removed. In
Fig. 6(d) both CSF and electrical filter are present.

We can see that in all receiver configurations the fit of MMC
and experiment is quite satisfactory. The major conclusions
from Fig. 6 are that 1) the link model is accurate enough to
generate valid statistics, and 2) the MMC platform provides
PDF estimation down to very low probabilities with reasonable
computation time.

In all cases, the average optical power input to SOA was
0 dBm, corresponding to deep saturation, and the bias current
was 495 mA. Optical attenuators at SOA output were used to
ensure the receiver electronics is not damaged. Adding optical
and electrical filters led to extra insertion losses. We did not sep-
arately characterized the insertion losses of optical and elec-
trical filters; instead, in each measurement, we recorded the
sampled waveforms together with the histogram, and calculated
the waveform mean voltage. Since the receiver noise had been
separately characterized, we could account for the losses in our
simulation. In each case, we manually set the histogram window
of the scope, and recorded their limit values. These numbers,
together with the length of the measured histogram, were used
to define the output bins in simulations. The MMC simulations
consisted of five cycles, and at each cycle random vec-
tors were generated. The SOA was divided into 50 sections,
and the simulation time-step was 4 ps. The slowest simulation
[Fig. 6(d)] took 1.5 h per MMC cycle.

To compute the BERs we need to estimate the conditional
PDFs of marks and spaces. We have to set the SUT memory in
the MMC simulator, and estimate PDFs of marks and spaces
separately. To find the system memory, we performed a set
of MMC simulations, with increasing values of the system
memory, and continued the simulations until the PDF estimates
converged. Fig. 7(a) shows the PDF estimates at the last cycle
in three separate MMC simulations with increasing , when
the SOA is placed before the modulator. The small mismatch
in the tails is due to the ISI introduced by the electrical filter.
Although not the focus of our paper, the case in which the SOA
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Fig. 6. Measured (dots) and simulated PDFs of the received voltage in a SS-WDM link equipped with premodulator nonlinear SOA, (a) no electrical filter, no
CSF, (b) no electrical filter, with CSF, (c) electrical filter of bandwidth 1.87 GHz, no CSF, and (d) electrical filter at 1.87 GHz and CSF.

follows the modulator provides an interesting contrast in the
PDF of marks, as shown in Fig. 7(b). In the postmodulator case
much larger ISI is visible in the multimodal structure of the
“true” PDF, obtained by increasing the system memory up to

. Note that for the MMC routine is not able
to reproduce the second ISI-induced mark “rail” on the eye di-
agram, and, thus, a single-mode PDF is produced, much as in
Fig. 7(a). In the case of Fig. 7(b), the bit-rate was set to 2.5 Gb/s,
and the SOA carrier lifetime was set to one bit duration, i.e.,
400 ps. Note this is faster response than the SOA we character-
ized and used in our premodulator measurements with 170 ps
lifetime. The extinction ratio was set to 20 dB to exaggerate the
patterning effect. The conclusion of Fig. 7(b) is that our simula-
tion tool can capture a possible link memory enhancement due
to SOA nonlinear operation.

To predict the BER of our SS-WDM link equipped with
premodulator SOA-based noise suppression, we set the SUT
memory to . Fig. 8 shows the conditional PDFs on
both marks and spaces at a received power of dBm in
the following cases: (a) with neither SOA nor CSF (label
“SS-WDM”); (b) with noise cleaning SOA but without CSF
(label “SOA”); (c) with both SOA and CSF (label “SOA and
CSF”). In each case, the BER at optimal threshold is the area
under the crossing tails of the conditional PDFs. Both BER
improvement due to SOA noise cleaning, and BER degradation
due to postfiltering are visible in Fig. 8. In this example, the
BER degradation ensuing from postfiltering is not severe, due

to the rather low linewidth enhancement factor .
We next compare simulated BERs with measured BERs. The
measured conversion ratio of the Agilent 11982A PD was
320 V/W. The extinction ratio of the external Mach–Zehnder
modulator was used as a fitting parameter to match the floors
of SS-WDM BER curves; an 11.2 dB extinction ratio was used
in all simulations. For simulated BERs we swept the input
power, found the optimal threshold (intersection of conditional
PDFs), and calculated the BER from the conditional PDFs.
Both 1.25 Gb/s and 2.5 Gb/s BERs were investigated. Fig. 9
reports both measured and simulated BERs for the three cases
already illustrated in Fig. 8. The receiver and BERT noises
were characterized using the techniques discussed in [40].
We note the excellent match between MMC simulation and
experiments, clearly illustrating the performance estimation
accuracy of the MMC method when a reliable simulator of the
SUT is available.

Finally, we comment on possible extensions of the presented
work. The SOA model used in this study included neither SOA
ultrafast processes nor polarization effects. Neglecting ultrafast
dynamics is justified for SS-WDM, as the optical field input to
the SOA has a narrow linewidth (0.24 nm) set by the SF. The
signal variations at the SOA input are much slower than typical
time constants of carrier heating and spectral hole burning [41];
hence, we neglected these processes in our study. By replacing
the present SOA model with one of the well-known models that
include ultrafast dynamics, we could investigate these effects.
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Fig. 7. Simulated PDF of marks corresponding to different values of system
memory. (a) The premodulator setup with the parameters coming from the ex-
periment. (b) The postmodulator setup with a hypothetical SOA slower than
what we used in the measurements.

Fig. 8. Simulated conditional PDFs of marks and spaces corresponding
to: SS-WDM (label “SS-WDM”), SS-WDM with premodulator SOA (label
“SOA”), and SS-WDM with premodulator SOA and CSF (label “SOA and
CSF”).

Similarly, neglecting polarization effects was not critical for our
experimental validation. We used a polarization beam splitter
after the BBS, and controlled the polarization state of the light

Fig. 9. Measured and simulated BERs.

both at the input of the SOA, and at the MZM input using polar-
ization controllers. The measurements were recorded after ad-
justing the SOA input polarization for maximum gain. The im-
pact of cross polarization on the light statistics can be studied by
replacing the SOA model in our simulator with a one including
polarization effects, e.g., [42], and enlarging the input vector
space to produce random input vectors for TE, and TM polar-
ization states.

V. CONCLUSION

In this paper, we described a simulation tool to evaluate the
performance of optical links employing nonlinear SOAs. We
applied our simulator to study noise mitigation of SS-WDM
systems by a premodulator SOA. We modeled the broadband
source, slicing, channel selecting, and electrical filters all in time
domain. We used a spatially-resolved SOA model including dis-
tributed carrier dependent, and carrier independent loss mecha-
nisms and ASE. We completed the standard MMC simulation
algorithm with a fast and efficient pattern warping technique
to capture the ISI. We showed that both the statistics of the
CW slices, and the BERs at various bit-rates can be predicted
with our simulation tool. In particular, we are able to quantify
the impact of receiver optical filtering effect on system perfor-
mance. The simulator can be useful as a design tool to optimize
SS-WDM systems, as well as studying various SOA-based re-
generative systems.

APPENDIX

Our goal in this Appendix is to provide sufficient detail for
other researchers to make use of our simulation tool. We will
present in broad outlines the techniques we have exploited in
our simulator, without going into detailed development. In the
following, we first give a general description of the MMC tech-
nique, then we give details of various subsystems.

The SUT is represented by an abstract mapping from
an input space to an output space. The elements of the input
space are vectors with a known PDF , possibly with
an unknown normalization constant [27]. We are interested in
estimating, by simulation, the unknown probability mass func-
tion (PMF) of the SUT output, , over a prespecified set of
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output space bins that extend down to the tail. The multicanon-
ical Monte Carlo (MMC) is an adaptive importance-sampling
technique aiming to solve this problem by adapting to a flat his-
togram of the output samples. All flat histogram methods share
the basic idea that given a limited number of output realizations,
the best one can do to estimate the probability of a series of
events is to evenly distribute the samples over those events. In
our case, the events are SUT output bins.

We suppose the output space is divided into bins in-
dexed by integer . The MMC cycle number is
denoted by , where is the number of
MMC cycles. The PMF estimate obtained at the end of the th
cycle is denoted by . The output PMF is initialized to

(10)

where is the number of samples generated per MMC cycle.
We denote the th input sample, generated within the th cycle
by . The corresponding output sample is ,
with . The normalized histogram of the set of
output samples over the prespecified output bins is denoted by

.
The strategy of MMC is to first perform a “short” MC simula-

tion, during which a set of input samples with
the known PDF is generated, the corresponding set of
output values is obtained, and a first estimate

of the PMF of the output random variable is formed. Then
the first cycle is finished. In the second cycle, the input samples

are generated such that their distribution fol-
lows the following warped PDF:

(11)

where is a nomalization factor, and the “bin” function returns
the bin index of output samples. Drawing input samples from
the input warped PDF in (11) forces output samples to fall more
on the tail than on the mode, so that will be flatter than

. Cycles continue until the output histogram is sufficiently
flat, that is, when the unwarped output PDF has been estimated
to sufficient precision in the tails to achieve the simulation goals
(e.g., down to a .). Then is output for
all bins and MMC simulation stops.

Having described the MMC algorithm we proceed to discuss
the various subsystems. Fig. 10 shows the details of the subsys-
tems of the MMC platform block diagram of Fig. 2. We have di-
vided the MMC platform into four basic subsystems, i.e., PDF
warper, random vector generator (RVG), histogram update, and
PDF update. We briefly discuss each subsystem here.

We start with the PDF warper subsystem, the most im-
portant subsystem of the MMC platform. The adaptation in
the MMC approach requires generation of realizations in the
multidimensional input space following the statistics of the
very irregular multidimensional warped PDF that is fixed for
the cycle, see (11). We refer to the warped PDF of the th cycle
by . The input realizations (or samples) are generated using
a Markov chain Monte Carlo (MCMC) technique known as

Fig. 10. Detailed block-diagram of the MMC platform. RVG: random vector
generator, NVG: noise vector generator, PNG: pattern number generator, SUT:
system under test, D represents unit delay.

Fig. 11. Flowchart of the PDF Warper. � ��� �� is a uniform RV on [0,1].

Metropolis-Hastings. The idea is to propose input samples ac-
cording to their unwarped distribution , which is known,
regular and well-behaved, and then either reject or accept the
proposed samples (rejection means that the previous realization
is reused) per a specified, randomized criterion. Proposal of
new samples is done by RVG, and will be discussed later. The
resulting dependent sequence of samples from will
asymptotically have the desired warped PDF , provided
proper selection of the randomized rejection criterion. For an
entire cycle, a Metropolis-Hastings MCMC algorithm runs
within the (input) PDF warper. The flowchart of the PDF
warper is shown in Fig. 11.

Now we consider RVG. The RVG uses Markov chain Monte
Carlo (MCMC) techniques to facilitate the generation of sam-
ples by the RVG, as illustrated in the flowchart in Fig. 12. The
Metropolis-Hastings MCMC techniques were used in the PDF
warper as the warped distribution is not well behaved. The RVG
uses MCMC to instead favor generation of samples in restrained
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Fig. 12. Flowchart of the RVG.

subsets of the input space. The simulator can, thus, explore a cer-
tain area of the output space in greater detail, instead of covering
the entire area in a more “willy-nilly” fashion. While the pro-
posed input vectors are now correlated, the net effect is to lead to
a better overall convergence of the MMC adaptation. Consider
first the PNG. PNG generates uniformly distributed over the
set of integers . With probability an inde-
pendent sample is generated (using ), while with
probability the sample is constrained to fall in a certain
neighborhood of the old sample [44]. We used of 0.1 in
our simulations. calls a standard random integer gen-
erator routine to generate the new proposal independent from
the past. On the other hand, given proposes
a new pattern through , where de-
notes modulo addition. The innovation is constrained to
permit only a limited number of bits to flip. is a zero-mean,
discrete, uniformly distributed random variable taking integer

values from to . In our simulations, we used ,
i.e., from pattern we go either to , or to , or to

.
Consider next the RNG which generates a vector of Gaussian

random variables. With probability a sample of
independent, identically distributed zero-mean, unit variance
Gaussian elements is generated (using ), while with
probability the sample is either constrained to fall in a
certain neighborhood of the old sample or is simply
recycled (using ). consists of inde-
pendent Markov chains. Each chain generates an innovation

that is uniformly distributed over . We used
in our simulations. Note that parameters ,

and were chosen by trial and error. With probability the
previous sample is reused with no innovation where

(12)

With probability , the innovation is added to the previous
sample to generate the . The RVG flowchart is given
in Fig. 12.

Having now described all the component parts, we give in
Fig. 13 the overall flowchart of the MMC algorithm and discuss
how the input warped pdf is generated after each cycle.

The histogram update subsystem collects accepted output
samples and calculates , over the output bins. We assume

represents the number of outputs found in the th
bin at the end of cycle , normalized by the total number of
iterations .

The PDF update subsystem uses and the latest output
PDF estimate to make a new estimate; is the new proba-
bility that the output will fall in the th bin. The probability of
the first bin is , and we then use [31], [27]

(13)

where

(14)

(15)

The resulting PMF is normalized to assure the total proba-
bility is one.2

Finally, we note that the PDF warper does not calculate (11)
directly to achieve warping. In fact the warping exploits the ratio

. This ratio reduces to

(16)

2�� and �� should not be confused with the SUT mapping �� � �.
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Fig. 13. Flowchart of the MMC.

so that the normalization constants for the warped PDF need
never be found—an extremely desirable characteristic of the
MMC algorithm for high-dimensional inputs such as ours.
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